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Abstract

This work proposes a novel algorithm to eliminate the self-
overlapping based on conformal welding theory, to improve
the robustness of the surface remeshing algorithm. The
proposed algorithm constructs a planar annulus with a high-
quality triangulation, then weld the input surface with the
annulus along their corresponding boundary components.
The welded surface has a well-defined Riemannian metric
and can be conformally mapped onto a convex planar
domain by using the dynamic discrete surface Ricci flow
method. This method guarantees the conformal mapping
restricted on the input surface is a global embedding, and
resolves the problem of self-intersections in the neighborhood
of the boundary. The conformal welding method has been
tested to remesh real car models. The experimental results
demonstrate the method is highly effective in practice and
greatly improves the robustness of the remeshing algorithm
based on conformal uniformization.

1 Introduction

Surface mesh generation plays a fundamental role in
CAD/CAE fields. Planar mesh generation methods
are relatively mature, such as the Delaunay refinement
method [2], and the centroidal Voronoi diagram method
[6]. Surface meshing is much more challenging.
Recently, Si et. al. [I5] introduced a novel algo-
rithm for generating high quality triangulations on sur-
faces with complicated topologies based on conformal
uniformization. The original CAD model is converted
to a low-quality triangle mesh, obtained by triangula-
tion on the parameter domain and refined by necessary
preprocessing steps, such that the mesh is a water-tight
manifold. The key idea is to flatten the input trian-
gle mesh onto a planar domain by an angle-preserving
(conformal) map, then a high quality planar mesh is
generated and pulled back to the 3D surface. Since
the mapping is angle-preserving, the Delaunay property
is preserved in the surface triangulation. Furthermore,
the planar sampling density is adaptive to the surface
area element and the curvature, this ensures the surface
meshing quality. Fig.[l|shows one example of remeshing
a car chassis model based on conformal uniformization:
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frame (a) shows the 3D car chassis model; frame (b)
illustrates the surface is flattened by a conformal map-
ping; frame (c) demonstrates the conformality of the
mapping by checkerboard texture mapping, all the right
corner angles of the checkers are well preserved; the pla-
nar image is triangulated using Delaunay refinement al-
gorithm, the pull back triangulation on the surface has
high qualities as shown in frame (d).

In most scenarios, the quality of the input triangle
mesh is often low, posing a significant risk to the sta-
bility and convergence of standard conformal mapping
algorithms. We choose the dynamic surface Ricci flow
method [I1I} [I0] to compute the parameterization be-
cause it has a theoretic guarantee to produce the unique
Riemannian metric, conformal to the initial metric and
inducing the prescribed curvature. Furthermore, dy-
namic surface Ricci flow is capable of handling low-
quality input meshes and automatically improves the
triangulation to remain Delaunay with final Rieman-
nian metric.

However, the parameterization result depends on
the input geometry and the target curvature, it is pos-
sible that the final mapping is only a local embed-
ding, namely the mapping restricted to the neighbor-
hood of each vertex is injective and surjective, but
globally the image of the whole input mesh may have
self-intersections. Especially, if the surface has con-
cave boundaries, the image of the neighborhood of the
boundary may have overlaps. This causes great diffi-
culties for the downstream planar Delaunay refinement
algorithm. As shown in Fig. [2| frame (a) shows a shield
of a car tire model, frame (b) illustrates the conformal
parameterization result, and the self-intersections can
be found in the neighborhood of the boundary.

To tackle this challenge, this work proposes a novel
algorithm to improve the robustness of surface remesh-
ing based on conformal welding technnique [9, [17]. Sup-
pose the input surface M is a topological poly-annulus,
namely a genus zero surface with multiple boundary
components {71, ...,V }, We can seamlessly merge M
with a topological annulus A having boundaries 7y
and 79, aligning them correspondingly with v; and 7,
¢ :y1 — 71. The merged surface S <~ MU, A is a topo-
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